




















4 LINEAR SYSTEMS OF K3 AND HK EXERCISES

3. Day 3& 4

Exercise 3.1. Let X be a hyperkähler manifold of dimension 2n and qX

be the BBF form. Show that for any ↵1, . . . ,↵2n 2 H
2
(X,R),

Z

X
↵1 . . .↵2n =

cX

(2n)!

X

�2S2n

qX(↵�(1),↵�(2)) . . . qX(↵�(2n�1),↵�(2n))

Exercise 3.2. Let X be a hyperkähler manifold of dimension 2n and qX be

the BBF form. Show that for any prime divisors F1 6= F2, qX(F1, F2) � 0.

(Hint: compare with F1 · F2 ·H
2n�2

for some ample divisor H.)

Exercise 3.3. Let f : X ! Y be a projective birational morphism between

normal varieties. Let E be an e↵ective exceptional divisor. Show that there

exists a curve C on X mapping to a point of Y such that E · C < 0
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